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Definition (Metric cone ( Euclidean core))
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Definition [ Rescaling]
• Let ¢

, d) be a metric space .
For any r > 0 .
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Lemma . Any metric core is scaling invariant

A%¥ietic court-Ctzisequipped
with a natural coordinate system

p -- ( r, x) , where f = dol p , iz + ) .
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let (Eb) be a Riemannian
manifold with dinner (E) c- IT.
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Example :

A metric core ( (E) is smooth

everywhere if ( (E) is flat
⇐ I is thermosphere of
curvature +1 .



Examples :

(1) IR
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= ccsn
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, generated by ( ✗in ↳ Cx , -☒ )
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(XY ) ↳ C-× , -y)

✗ (5) 1124/2, =@RP)

1124 = GCS 3) .

Iz generated by the involution
LX , , ✗~ , X} , ✗a) ↳ C- Xi
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Definition (Spherical suspension)
let E. dz) be a metric space with
diameter £1T . A metric space

CA
, d) is called the spherical suspension

over I , denoted by Susp (E) = GEE).

if 2- is homeomorphic to # * For" ]YE×{o.TN
and d is given by the
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Eiample S2 is spherical suspension of
"

of
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theorem let C. (E) be a metric

cone over a compact Riemannian
manifold CI, h ) .

Assume that ((E) = IRXCCW )
.

Then both ETDWñreround
spheres of curvature +1 .

Moreover
,

D- is the spherical suspension of W.
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Lenya . Let (E) be a metric cone
over a compact metric space. If

CLE) admits a line 8 .

Then

C (E) = IR xÑ .
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Lemma . Let (E) be a metric cone
OF a compact metric space.

Assume that there is a point
w* ( different from 7*3 sit . (E)
is a metric cone Wirt . Wt

.

Then ( (E) = IRX CLW ) .
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Definition (Hyperbolic suspension)µ
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EE let D-= Susp
,<
(E) Erith

KE {-1,1-1} . Show that
Sec -2 = +1 if secz E K .

Koren let CLE) be a metric cone
over a metric-spaec-2.dz ) .
Assume

(E) = IR ✗ Clw)
.

Then I is the spherical suspension
over

-W
.


